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Robinson [R] Schensted [Sch] . $6_{n}$ $w$ . shape
standard tableau $P(w)$ $Q(w)$ ,
$6_{\mathfrak{n}}$ $arrow$ $1I_{\lambda\vdash n}$ STab$(\lambda)$ $x$ STab$(\lambda)$
$(0.1)$
$w$ $(P(w) , Q(w))$
. ( ,‘ \S 1 .) STab$(\lambda)$ $f^{\lambda}$
, $\lambda$ $6_{n}$ $\lambda_{6_{n}}$ , (0.1)
.
$\# 6_{n}=\sum_{\lambda\vdash n}(f^{\lambda})^{2}$
, $C[S.]$ $6_{n}x$ $6_{n}$ -module
$C[6_{n}]\cong\bigoplus_{\lambda\vdash n}\lambda_{6_{n}}\otimes\lambda_{6_{n}}$
.
, (0.1) . .
(0.2) $\{$ 1, 2, $\ldots$ , $n \}^{k}arrow^{\sim}\prod_{\lambda\vdash k}SSTab(\lambda:[n])xSTab(\lambda)$
. $GL(n, C)$ $V=\mathbb{C}^{n}$ V\otimes
$V^{\otimes k} \simeq\bigoplus_{\lambda\vdash k}V_{\lambda}^{\oplus f^{\lambda}}$
.
(0.1), (0.2) , Robinson-Schensted , Robinson-Schensted
. bijective .
, $SO(2n, C)$ . (0.2)




\S 1. $GL(n, C)$ Robinson-Schensted .
, $GL(n, C)$ Robinson-Schensted (0.2) .
, . $N=\{1,2, \ldots\}$ , $[n]=\{1,2, \ldots, n\}$ .
, $\lambda=(\lambda_{1}, \lambda_{2}, \ldots)(\lambda_{1}\geq\lambda_{2}\geq\ldots)$ , $\sum_{i\geq 1}\lambda;<\infty$
. $\sum_{i\geq 1}\lambda;=n$ , $\lambda$ $n$ , $\lambda\vdash n$
. , $\lambda$ , $0$ $\#\{i:\lambda_{i}\neq 0\}$ , $\lambda$
, $l(\lambda)$ .
$\lambda$ ,
$Y(\lambda)=\{(i,j)\in ZxZ : 1\leq i\leq l(\lambda), 1\leq j\leq\lambda_{j}\}$
, $\lambda$ Young . , $Y(\lambda)$ 1 $\lambda_{1}$ , 2
$\lambda_{2}$ , 3 $\lambda_{3}$ , ,
. , $\lambda=(4,3,1)$ Young
2 $\lambda,$ $\mu$ , $Y(\lambda)\supset Y(\mu)$ , , $\mu$ Young (
) $\lambda$ Young , $\lambda\supset\mu$ . ,
$\lambda\supset.\mu$ $|\lambda|=|\mu|+1$ , , $\mu$ Young 1 $\lambda$
Young , $\lambda\triangleright\mu$ .
$\lambda$ Young ( $\Gamma$ )
, shape $\lambda\emptyset$ tableau . shape $\lambda$ tableau $T$ $T$ : $Y(\lambda)arrow N(\Gamma)$
. shape $\lambda\emptyset$ tableau $T$ , , semistandard-
.
(i) $T(i, 1)\leq T(i, 2)\leq\cdots\leq T(i, \lambda_{i})$ $(i=1,2, \ldots, l(\lambda))$
(ii) $T(1,j)<T(2, j)<\cdots<T(\lambda_{j}’,j)$ $(j=1,2, \ldots, \lambda_{1})$
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, $\lambda_{j}’=\#\{i:\lambda_{i}\geq j\}$ . shape $\lambda$ , $n$
semistandard tableau SSTab$(\lambda : [n])$ . ,
1 1 2 3
$T=2$ 3 4
4
, shape (4, 3, 1) $\emptyset$ semistandard tableau .
$\lambda$
$n$ , 1, 2, $\ldots$ , $n$ 1 shape
$\lambda\emptyset$ semistandard tableau standard tableau . , shape $\lambda\emptyset$ standard
tableau STab$(\lambda)$ .
semistandard tableau $T\in SSTab(\lambda :[n])$ , $k$
$T^{(k)}$ ( semistandard tableau ) $\emptyset$ shape \mbox{\boldmath $\lambda$}( , $\emptyset=\lambda^{(O)}\subset$
$\lambda^{(1)}-\subset\cdots\subset\lambda^{(n)}=\lambda$ . , $\emptyset=\lambda^{(0)}\subset\lambda^{(1)}\subset\cdots\subset\lambda^{(n)}=\lambda$
, $T^{(k)}\emptyset$ shape $\lambda^{(k)}$ semistandard tableau $T$ .
, $T$ standard tableau , $i$ $\lambda^{(i)}\triangleleft\lambda^{(i+1)}$
.
standard tableau $T$ , $T$ $i$ $m;(T)$ , $x^{T}=$
$x_{1}^{m_{1}(T)}\cdots x_{n}^{m_{\hslash}(T)}$ . ,
LL $n$ $\lambda$ ,
$s_{\lambda}(x_{1}, \ldots, x_{n})=\sum_{T\in SSTab(\lambda:[n])}x^{T}$
, $\lambda$ $GL(n, C)$ $(\rho_{\lambda}, V_{\lambda})$ .
$\lambda=(1,0,0, \ldots)$ , $s_{\lambda}(x_{1}, \ldots, x_{n})=x\iota+x_{2}+\cdots+x_{n}$ $GL(n, C)$
$V=C^{n}$ .
Insertion Algorithm. , $GL(n, C)$ Robinson-Schensted Insertion
algorithm $Js$ , semistandard tableau $T$ $r$
, semistandard tableau ( $Tarrow r$ , $T$ $r$ insert
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tableau .) . , $T^{(0)}=T,$ $r^{(0)}=r$
. , semistandard tableau $T^{(k)}$ $r^{(k)}\in NUt\infty$} $(k=1,2, \ldots)$
, $r^{(k)}=\infty$ $T^{(k)}$ $Tarrow r$ . $rk-1$ ) $r(k-1)$ ,
$T^{(k)},$ $r^{(k)}$ .
(1) $T^{(k-1)}(k, l)\leq r^{(k-1)}(l=1, \ldots, \lambda_{k})$ $\lambda_{k}=0$ ,
$T^{(k)}(i,j)=\{_{r}T_{(k-1)}^{(k-1)}(i,j)$ $(i,j)=(k,\lambda^{k}(i,j)\neq(k, \lambda_{k};_{1)}1)$
$r^{(k)}=\infty$
(2) $T^{(k-1)}(k, l-1)\leq r^{(k-1)}<T^{(i-1)}(k, l)$ $l$ ,
$T^{(k)}(i, j)=\{\begin{array}{l}T^{(k-1)}(i,j)(i,j)\neq(k,l)r^{(k-1)}(i,j)=(k,l)\end{array}$
$r^{(k)}=T^{(:-1)}(k, l)$
, $T^{(k-1)}$ $r^{(k-1)}$ tableau $T^{(k)}$ $Ins(T^{(k-1)}, r^{(k-1)}, k)(T^{(k-1)}$
$\emptyset k$ $r^{(k-1)}$ insert tableau) , $r^{(k)}$ bump$(T^{(k-1)}, r^{(k-1)}, k)$
. $T,$ $Tarrow r$ shape $\lambda,$ $\mu$ , $\lambda\triangleleft\mu$ .
,
1 1 2 3





1 1 2 3
$T^{(0)}=2$ 3 4 4, $r^{(O)}=2$
4
1 1 2 2
$\mathcal{I}^{\langle 1)}=2$ 3 4 4, $r^{(1)}=3$
4
1 1 2 2
$T^{(2)}=2$ 3 3 4, $r^{(3)}=4$
4
1 1 2 2
$T^{4)}=2$ 3 3 4, $r^{(4)}=\infty$
4 4
,
1 1 2 2
$Tarrow r=2$ 3 3 4
4 4
1.2. weight .
SSTab$(\lambda:[n])$ $x$ $[n]$ $arrow\sim$ $1I_{\mu\triangleright\lambda}SSTab(\mu:[n])$
($T$ , r) $rightarrow$ $Tarrow r$
,
1.3.






(0.2) , insertion algorithm . $w=w_{1}w_{2}\cdots w_{k}\in$
$[n]^{k}$ , semistandard tableau $P^{(i)}$
$P^{(0)}=\emptyset$ $P^{(i)}=P^{(i-1)}arrow w$;
, $P(w)=P^{(k)}$ . , $P^{(:)}$ shape $\lambda^{(i)}$
, $\emptyset=\lambda^{(0)}\triangleleft\lambda^{(1)}\triangleleft\ldots\triangleleft\lambda^{(k)}$ standard tableau $Q(w)$ .
1.4. weight .
$[n]^{k}$ $arrow\sim$ II $\lambda\vdash k$ SSTab$(\lambda:[n])$ $x$ STab $(\lambda)$
$w$ $(P(w) , Q(w))$
,
1.5. $f^{\lambda}=\#STab(\lambda)$ ,
$(x_{1}+ \cdots+x_{n})^{k}=\sum_{\lambda\vdash k}f^{\lambda}\cdot s_{\lambda}(x_{1}, \ldots, x_{n})$
,
$V^{\otimes k} \cong\bigoplus_{\lambda\vdash k}V_{\lambda}^{\oplus J^{\lambda}}$
(0.1) , $6_{n}$ 1, 2, .. . $n$ , (0.2) $6_{n}$ $[n]^{n}$
.
\S 2. $SO(2n)$-tableau.
$SO(2n, C)\emptyset$ Robinson-Schensted , $GL(n, C)$ semis-
tandard tableau , $SO(2n, C)$ .
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, $SO(2n, C)$ . ,
$SO(2n, C)=\{X\in SL(2n,C):XJ{}^{t}X=J\}$ , $J=(\begin{array}{llll} 1 1 \cdot 1 \end{array})$
. $SO(2n, C)$ ,
$T=$ {diag( $x_{1},$ $\ldots,$ $x_{n},$ $x_{n}^{-1},$ $\ldots$ , $x_{1}^{-1}$ ) $:x_{i}\in C^{x}$ }
, $e$ ; : Lie$(T)arrow C$
$e_{i}(diag(H_{1}, \ldots H_{n}, -H_{n}, \ldots, -H_{1}))-,=H_{i}$ .
. , $\Delta=\{\pm e_{i}\pm e_{j} : i<j\}$ $SO(2n, C)$ ’ ,
$n=\{e_{1}-e_{2}, \ldots, e_{n-1}-e_{n}, e_{n-1}+e_{n}\}$ .
2.1. $SO(2n, C)$ ,
$P_{D(n)}^{+}=\{\lambda_{1}e_{1}+\lambda_{2}e_{2}+\cdots+\lambda_{n}e_{n} : \lambda_{i}\in Z, \lambda_{1}\geq\lambda_{2}\geq\cdots\geq\lambda_{n-1}\geq|\lambda_{n}|\}$ .
1 1 .
. $\lambda$ $n$ . $l(\lambda)\leq n-1$ , weight $\lambda_{1}e_{1}+$
$\lambda_{2}e_{2}+\cdots+\lambda_{n-1}e_{n-1}$ $SO(2n, C)$ $\lambda_{D(n)}$ . $l(\lambda)=n$
, weight $\lambda_{1}e_{1}+\lambda_{2}e_{2}+\cdots+\lambda_{n-1}e_{n-1}+\lambda_{n}e_{n}$ $\lambda_{D(n)}^{+}$ ,








$\Gamma_{n}=\{1, \overline{1},2,\overline{2}, \ldots, n, \overline{n}\}$ , $\Gamma_{n}$
$1<\overline{1}<2<\overline{2}<\cdots<n<\overline{n}$.
.
. $\lambda$ $n$ . shape $\lambda$ $SO(2n)$-tableau ,
$(D1)-(D4)$ $T:Y(\lambda)arrow\Gamma_{n}$ .
(D1) $T(i, 1)\leq T(i, 2)\leq\cdots\leq T(i, \lambda_{i})$ $(1 \leq i\leq l(\lambda))$ .
(D2) $T(1,j)<T(2,j)<\cdots<T(\lambda_{j}’,j)$ $(1 \leq j\leq\lambda_{1})$ .
(D3) $T(i,j)\geq i$ $((i,j)\in Y(\lambda))$ .
(D4) $T(i, 1)=i$ $T(i,j)=\overline{i}$ , $T(i-1,j)=i$ .
, $SO(2n)$-tableau 1 $\overline{1}$ . , $SO(2n)$-tableau
$T$ $(i, 1)$ $i$ , $T$ $i-1,$ $i$ .
$i$ $i$ . . . $i$
$i$ $i$ . . . $\overline{:}\overline{i}$ . . . $\overline{i}$ $i+1$
$SO(2n)$-tableau $T$ , $T$ $i$ $m:(T)$ , $\overline{i}$ $m:-(T)$
, $x^{T}=x_{1}^{m_{1}(T)-m_{\overline{1}}(T)}\cdots x_{n}^{m_{\hslash}(T)-m_{\overline{n}}\langle T)}$ . ,
1 1 2 2




SO(8)-tab1eau , $x^{T}=x_{1}^{-2}x_{2}^{3}x_{3}x_{4}^{-1}$ .
. $T$ shape $\lambda$ $SO(2n)$-tableau . $\epsilon=(\epsilon_{1}, \epsilon_{2}, \ldots, \epsilon_{n})\in\{\pm 1\}^{n}$
, $(S1)-(S4)$ , $T$ .
(S1) $C(T)\cap\{i,\overline{i}\}=\emptyset$ , $\epsilon;=1$ .
(S2) $C(T)\cap\{i,\overline{i}\}=\{i\}$ , $\epsilon;=1$ .
(S3) $C(T)\cap\{i,\overline{i}\}=\{\overline{i}\}$ , $\epsilon;=-1$ .
(S4) $C(T)\cap\{i,\overline{i}\}=\{i,\overline{i}\}$ $T(i, 1)\neq\overline{i}$ , $\epsilon_{t}=1$ .
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, $C(T)=\{T(i, 1) : i=1, \ldots, l(\lambda)\}$ .
, $T$ $\epsilon=(-1,1,1,1)$ $(-1,1,1, -1)$ .
. $n$ $\lambda$ , shape $\lambda$ $SO(2n)$-tableau $T$ $T$
$\epsilon=(\epsilon_{1}, \ldots, \epsilon_{n})$ $(T, \epsilon)$ Tab$(\lambda_{D(n)})$ . $l(\lambda)=n$ ,
Tab$(\lambda_{D(n)}^{+})=\{(T,\epsilon)\in Tab(\lambda_{D(n)}) :\coprod_{i=1}^{n}\epsilon;=1\}$
$Tab(\lambda_{D(n)}^{-})=\{(T,\epsilon)\in Tab(\lambda_{D(n)}) : \prod_{i=1}^{n}\epsilon;=-1\}$
.
, $n=2,$ $\lambda=(2,2)$ ,
Tab$(\lambda_{D(2)}^{+})=\{t_{22}^{11}$ ; 1, 1), $( \frac{\overline 1}{2}\overline{\frac{1}{2}};-1, -1),$ $t_{2}^{1}\frac{2}{2};1,1$ ) $,$ $( \overline{\frac{1}{2}}\frac{2}{2};-1, -1),$ $( \frac{2}{2}\frac{2}{2};1,1)\}$
Tab$( \lambda_{D(2)}^{-})=\{(\frac{1}{2}\frac{1}{2};1, -1),$ $t_{22}^{\overline{1}\overline{1}};-1,1$), $( \frac{1}{2}\frac{2}{2};1, -1),$ $(_{2}^{\overline{1}} \frac{2}{2};-1,1),$ $( \frac{2}{2}\frac{2}{2};1, -1),$ $\}$
2.1. $n$ $\lambda$ ,
$\lambda_{D(n)}=\sum_{(T,e)\in[be] b(\lambda_{D(n)})}x^{T}$
, $l(\lambda)=n$ ,
$\lambda_{D(n)}^{\pm}=$ $\sum$ $x^{T}$ ( )
$(T,e)\in Tab(\lambda_{D\langle n)}^{\pm})$
, $G=SO(2n, C)$
$H=\{(\begin{array}{lll}z 0 00 Y 00 0 z^{-1}\end{array})$ : $z\in C^{x},$ $Y\in SO(2n-2, C)\}$
$\cong GL(1, C)xSO(2n-2, C)$ .
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. $SO(2n, C)$ $\chi$ $SO(2n-2, C)$
$\xi$ , $GL(1, C)$ $[\chi : \xi]$
$\chi\iota_{H}^{G}=\sum 1^{-}x$ : $\xi$] $x\xi$
$\epsilon$
( $\xi$ $SO(2n-2,$ $C)$ .) . , $[\chi : \xi]$
.
2.3. $\lambda$ $n$ , $\mu$ $n-1$ .










(3) $l(\lambda)=n$ $l(\mu)<n-1$ ,
$[\lambda_{D(n)}^{+} : \mu_{D(n-1)}]=[\lambda_{D(n)}^{-} : \mu_{D(n-1)}]=\det(h_{\lambda_{i}-\mu_{j}-i+i}(z, z^{-1}))_{1\leq i,j\leq n}$
(4) $l(\lambda)=n$ $l(\mu)=n-1$ ,
$[\lambda_{D(n)}^{+} : \mu_{D(n-1)}^{+}]=[\lambda_{D(n)}^{-} : \mu_{\overline{D}(n-1)}]=z^{\mu,.-1}\det(\sim_{j}$
$[\lambda_{D(n)}^{+} : \mu_{\overline{D}(n-1)}]=[\lambda_{D(n)}^{-} ; \mu_{D(n-1)}^{+}]=z^{-\mu,.-1}\det(\sim_{j}$




$h_{k}(z, z^{-1})=\{\begin{array}{l}z^{kk-2k+2}+z+\cdots+z^{\text{ }}+z^{-k}(k>0)1 (k=0)0(k<0)\end{array}$
. $\alpha=(\alpha_{1}, \ldots, \alpha_{n})\in Z^{n}$ , $h_{\alpha}(z, z^{-1}),$ $z^{\alpha}$
${}^{t}(h_{\alpha_{1}}(z, z^{-1}),$
$\ldots,$
$h_{\alpha_{\hslash}}(z, z^{-1})),{}^{t}(z^{\alpha_{1}}, \ldots, z^{\alpha_{n}})$ , $\alpha^{*}=(\alpha_{1},$ $\alpha_{2}-1,$ $\alpha_{3}-$
$2,$
$\ldots,$
$\alpha_{n}-n+1$). $1=(1,1, \ldots, 1)$ .
\S 3. $SO(2n, C)\emptyset$ Robinson-Schensted .
, .
3.1. $\lambda$ $n$ .




(2) $l(\lambda)=n$ , weight
$I(\lambda_{D(n)}^{\pm})$ : Tab$(\lambda_{D(n)}^{\pm})x\Gamma_{n}$















$= \{\mu\triangleright\lambda or\mu\triangleleft\lambda(\begin{array}{lll}\Sigma \mu_{D(n)}^{\pm}\mu\mu\triangleright\lambda\alpha\lambda or l(\mu)=n \end{array}) \sum_{1(\mu)=n}+\hat{\lambda}_{D(n)}$
$(\lambda\geq 2)(\lambda_{n}^{n}=1)$
, $\wedge\lambda=(\lambda_{1}, \ldots, \lambda_{n-1})$ .
$SO(2n)$-tableau $\gamma\in\Gamma_{n}$ \mbox{\boldmath $\theta$}{ , \S 1 , tableau
$arrow\gamma$ , tableau $SO(2n)$-tableau (Dl)(D2) $\Re f_{}^{\sim}$ , (D3),
(D4) $f_{\tilde{}}$ $Aa$ . , \S 1 , 3.1
$I(\chi)$ .
Punctured tableau sliding algorithm. Berele [B] $Sp(2n, C)$ Robinson-
Schensted punctured tableau .
$\lambda$
, $(k, l)\in Y(\lambda)$ , : $Y(\lambda)-\{(k, l)\}arrow\Gamma_{n}$ (
$k$ ,
shape $\lambda$ punctured tableau . (T( \iota .) $(k, l)$
$Y(\lambda)$ , , $\lambda_{k}=l$ $\lambda_{k+1}$ < , shape $\mu$
$(Y(\mu)=Y(\lambda)-\{(k, l)\})$ tableau .
. $(k, l)$ shape $\lambda$ punctured tableau $T$ ,
$(D’ 1)-(D’ 6)$ , punctured $SO(2n)$-tableau .
$(D’ 1)$ ( ) .
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$(D’ 2)$ ( ) .
$(D’ 3)$ $(i,j)\geq i$ $((i,j)\in Y(\lambda)-\{(k, l)\})$ .
$(D’ 4)$ (i, $1$ ) $=i$ $T(i, j)=\overline{i}$ ,
(a) $T(i-1,j)=i$
( b) $T(i-1, j)$ , $T(i-1, j+1)\geq i$ .
$(D’ 5)T(k, l-1)=k$ $T(k, l+1)=\overline{k}$ , $T(k-1, l)=k$.
$(D’ 6)$ (k, $l+1$) $=k$ , $\overline{k}$ $k$ .






, punctured SO(4)-tab1eaux .
$(k, l)$ shape $\lambda\emptyset$ punctured tableau $T$ , punctured tableau
$A($ $)$ .
(1) $(k, l)$ $Y(\lambda)$ , , $\lambda_{k}=l$ $\lambda_{k+1}<l$ , $A(T)$
.
(2) $(k, l)$ $Y(\lambda)$ , $T(k, l+1)<T(k+1, l)$ , $A(T)$ $T$
$T(k, l+1)$ .
(3) $(k, l)$ $Y(\lambda)$ , $T(k, l+1)\geq$ $(k+1, l)$ , $A(T)$
$T(k+1, l)$ .
, $(i, j)\not\in Y(\lambda)$ , $T(i,j)=\infty$ .








22 $\square$ 2 $\overline{2}$
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, punctured $SO(2n)$-tableau .
. $T$ $(k, l)$ punctured $SO(2n)$-tableau . $\epsilon=(\epsilon 0;\epsilon_{1},$ $\ldots$ ,
$\epsilon_{n})\in\{\pm 1\}^{n+1}$ , $(S’ 1)-(S’ 7)$ , $T$ .
$(S’ 1)$ C( )\cap {i, $\overline{i}$} $=\emptyset$ , $\epsilon:=1$ .
$(S’ 2)C(T)\cap\{i,\overline{i}\}=\{i\}$ , $\epsilon_{i}=1$ .
$(S’ 3)$ C( )\cap {i, $\overline{i}$} $=\{\overline{i}\}$ , $\epsilon;=-1$ .
$(S’ 4)$ C( )\cap {i, $\overline{i}$} $=\{i,\overline{i}\}$ $T(i, 1)\neq\overline{i}$ , $\epsilon_{i}=1$ .
$(S’ 5)l=1$ $T(k-1,1)\leq\overline{k-1}$ , $T(k, 2)=k$ $T(k, 2)=\overline{k}$
, $\epsilon_{0}=1$ $\epsilon_{O}=-1$ .
$(S’ 6)l=1$ $(k-1,1)\geq k+1$ , $\epsilon_{0}=1$ .






, $\epsilon=(1;-1,1,1,1)$ $(1; -1,1,1, -1)$ .
(punctured) $SO(2n)$-tableau $T$ $1\leq k\leq n$ ,
$\epsilon_{k}(T)=\{11-11$ $ifC(T)\cap\{k,\overline{k}\}=\emptyset ifC(T)\cap\{k,\overline{k}\}=\{k\}_{\overline{k}\}}ifC($
$)\cap\{k,\overline{k}\}=\{\overline{k}\}ifC($
$)\cap\{k,\overline{k}\}=\{k$ , and $T(k, 1)\neq\overline{k}$
. C( )\cap {k, $\overline{k}$} $=\{k, \overline{k}\}$ $T(k, 1)=\overline{k}$ , $\epsilon_{k}($ $)$ . ,
$T$ $\epsilon_{k}($ $)$ .
$SO(2n)$ Robinson-Schensted . , $SO(2n, C)\emptyset$ Robinson-Schensted




$X_{t}(\lambda)=\{\begin{array}{llll} (T,\epsilon)\in Tab D(n)) \gamma\in\Gamma_{n} (\text{ },\epsilon,\gamma,k)\cdot k\in N Ins(\text{ },\gamma,k)\text{ }semistandard \gamma\geq k \end{array}\}$
$X_{\infty}(\lambda)=_{-}\{\begin{array}{llllllllll} (T \epsilon)\in Tab(\mu_{D(n)}) \triangleright\lambda (T,\epsilon,\infty,k)\cdot k\in N Y(\mu)- Y(\lambda)\emptyset r_{\acute{B}}|r k \text{ }\end{array}\}$




shape $\lambda$ $SO(2n)$-tableau $(T, \epsilon)\in Tab(\chi)(\chi=\lambda_{D(n)}, \lambda_{D(n)}^{\pm})$ $\gamma\in\Gamma_{n}$
. $(T, \epsilon)$ $\gamma$ , $X(\lambda)$ $X^{(0)},$ $X^{(1)},$ $\ldots,$ $X^{(N)}$
(a) $X^{(N)}\in X_{\infty}(\lambda)$
(b) $X^{(N)}=(T^{(N)}, \epsilon^{(N)})\in X_{p}(\lambda)$ , $T^{(i)}$ $Y(\lambda)$ , $l(\lambda)<n$
$\epsilon_{0}^{(N)}=1$ .
, $I(\chi)(T, \epsilon, \gamma)$ .
(a) $X^{(N)}=(T^{(N)}, \epsilon^{(N)}, \infty, k^{(N)})\in X_{\infty}(\lambda)$ , $I(\chi)(T, \epsilon, \gamma)=(T^{(N)}, \epsilon^{(N)})$
.
(b) $X^{(N)}=(T^{(N)}, \epsilon^{(N)})\in X_{p}(\lambda)(\epsilon^{(N)}= (\epsilon_{0}^{(N)} ; \epsilon_{1}^{(N)}, \ldots , \epsilon_{n}^{(N)}))$ , T(
tableau $S,$ $\delta=(\epsilon_{1}^{(N)}, \ldots, \epsilon_{n}^{(N)})$ , $I(\chi)(T, \epsilon, \gamma)=(S, \delta)$
.
$X^{(0)}=(T,\epsilon, \gamma, 1)$ .
. , $X^{(0)},$ $\ldots,$ $X^{(:-1)}$ , $T^{(i)}$ .
15
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$X^{(:-1)}=(T^{(:-1)},\epsilon^{(i-1)}, \gamma^{(i-1)}, k^{(i-1)})\in X_{t}(\lambda)$ , $k=k^{(i-1)},$ $T’=Ins(\text{ ^{}(i-1)}$ ,
$\gamma^{(i-1)},$ $k$ )
$,$
$\gamma’=bump(T^{(i-1)}, \gamma^{(i-1)}, k)$ , 3 .
(I) / $SO(2n)$-tableau , $\gamma’\geq k+1$ .
(II) $T’$ $SO(2n)$-tableau , $\gamma’\leq\overline{k}$.
(III) $T$ $SO(2n)$-tableau .
(I) ,
$\text{ ^{}(i)}=T$ , $\gamma^{(i)}=\gamma’$ , $k^{(i)}=k+1$
. $\gamma^{(i-1)}=a$ , ortt and $\gamma’=b,$ $or\overline{b}$ ,
$\epsilon_{i}^{(i)}=\{\begin{array}{l}\epsilon_{b}(T^{(i)})\epsilon_{j^{j}}^{t-1)}\end{array}$ $ifj=bifj\neq a,$
$b$
. $\epsilon_{a}^{(;)}$ , , $T^{(i)}$ ,
$T^{(i)}(k-1,1)=T^{(i-1)}(k-1,1)=k$ , $T^{(i)}(k, 1)=\gamma^{(i-1)}=\overline{k}$
$\epsilon_{k}^{(i)}=1$ .
(II) ,
$\gamma^{(i-1)}=k$ , $\gamma’=\overline{k}$, $\text{ ^{}(i-1)}(k, 1)=\overline{k}$ .
, 2 .
(II-1) $\prod_{j}^{k_{=1}}\epsilon;=\prod_{i=1}^{k-1}\epsilon_{j}^{(i-1)}$ , $T^{(i-2)}(i\geq 2)$ $k-1,$ $k$
$fl^{i-2)}(k-1,1)=k$ , $T^{(i-2)}(k, 1)=T^{(i-2)}(k, 2)=\overline{k}$
,
(II-2) ,
(II-1) , $T^{(1-2)},$ $T^{(i-1)}$ , / $k,$ $k+1$ .
















(II-2) , $T$ $(k, 1)$ punctured tableau $T^{(i)}$ ,
$\epsilon_{j}^{(i)}=\{\begin{array}{l}\prod_{1}^{k_{=1}}j\epsilon_{j}/\prod_{j=}^{k-}.\epsilon_{j}^{(i-1)}\epsilon_{j}^{t\cdot-1)}\end{array}$ $otherwiseifj=0ifj=k$
.
(III) , 3 .
(III-I) $T^{(1-1)}$ $k,$ $k+1$ $l\geq 2$ ,
$T^{\langle i-1)}(k+1,1)=\cdots=T^{(i-1)}(k+1, l-1)=k+1$ ,




(b) $\gamma^{(:-1)}=\overline{k}$ and $\text{ ^{}(i-1)}(k-1, l)=k$ .
(III-2) $T^{(i-1)}$ $k,$ $k+1$ $l\geq 2$ ,
$\phi^{:-1)}(k+1,1)=\cdots=\text{ ^{}(i-1)}(k+1, l-1)=k+1$ ,






(b) $\gamma^{(i-1)}=\overline{k}$ and $T^{(i-1)}(k-1, l)=k$ .
(III-3) $\gamma^{(i-1)}=\overline{k}$ , $T^{(i-1)}$ $k-1,$ $k$ $l\geq 2$ ,
$T^{(i-1)}(k, 1)=\cdots=fi^{i-1)}(k, l-1)=k$ ,
$\text{ ^{}(:-1)}(k, l)\geq k+1$ ,
$\text{ ^{}(i-1)}(k-1, l)\leq\overline{k-1}$ (or $k=1$).
.






$k+1$ $k+1$ $\overline{k+1}$ $\overline{k+1}$








(III-2) , $T^{(i-1)}$ $k,$ $(k+1)$ , .
$k+1$ $\text{ ^{}(i-1)}(k, l+1)$
$\text{ ^{}(i-1)}=$













(III-3) , $\text{ ^{}(i-1)}$ ’ $k-1,$ $k$ , .
$T^{(i-1)}(k-1, l)$
$\text{ ^{}(i-1)}=$












, $X^{(i-1)}=(T^{(i-1)}, \epsilon^{(i-1)})\in X_{p}(\lambda)$ . $T^{(i-1)}$ $(k, l)$
. , 3 .
(IV) $l=1$ , $X^{(i-1)}$ .
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(a) $\text{ ^{}(i-1)}(k-1,1)\leq\overline{k},$ $\text{ ^{}(i-1)}(k, 2)<\text{ ^{}(i-1)}(k+1,1)$ l , $\text{ ^{}(i-1)}(k, 2)=$
$a$ , or , $\epsilon_{o}^{(:-1)}\epsilon_{u}^{(i-1)}=-\epsilon_{a}(A(T^{(i-1)}))$
(b) $\epsilon_{0}^{(:-1)}=-1$ , $T^{\langle i-1)}(k, 2)\geq T^{(i-1)}(k+1,1)\geq k+2$ .
(V) $l=1$ , $X^{(i-1)}$ .
(a) $T^{(i-1)}(m-1,1)=m,$ $T^{(1-1)}(m, 1)=\overline{m}$ $m\geq k+2$ .
(b) $\text{ ^{}(i-1)}(k-1,1)\geq k+1$ , $\text{ ^{}(i-1)}(k, 2)<\text{ ^{}(i-1)}(k+1,1)$
(c) $\text{ ^{}(i-1)}(k, 2)=a,$ $or\overline{a}$ , $\epsilon_{0}^{(:-1)}\epsilon_{t}^{(:-1)}=-\epsilon_{u}(A(T^{(i-1)}))$
(VI) ,






(V) , $T^{(:-1)}(m-1,1)=m,$ $\text{ ^{}(i-1)}(m, 1)=\overline{m}$ $m\geq k+2$ ,
$\text{ ^{}(i)}=A(T^{(i-1)})$
$\epsilon_{j}^{(i)}=\{\begin{array}{l}\epsilon_{u}(\text{ ^{}(i)})-\epsilon_{m}^{(i-1)}\epsilon_{j}^{(|-1)}\end{array}$ $ifj=aotherwiseifj=m$






(VI-1) $T^{(:-1)}$ 1 , $\epsilon^{(i)}=\epsilon^{(i-1)}$ .
(VI-2) $T^{(i-1)}(k, 1)$ )(k, 2) , $|T^{(;-1)}(k, 2)=T^{(i)}(k, 1)=a$ , or $\overline{a}$
,
$\epsilon_{i}^{(i)}=\{\begin{array}{l}1ifj=0\epsilon_{j}^{(i-1)}ifj\neq 0,a\end{array}$
. $\epsilon_{t}^{(i)}$ , 2 , $T^{(\text{ }}$
.
(1) $\mathcal{I}^{\langle i-1)}(k-1,1)=k,$ $\text{ ^{}(i-1)}(k, 2)=\overline{k}$

















1. $\lambda=(2,2,1),$ $n\geq 3$ ,
1 2
$=3$ 3, $\epsilon=(-1,1,\epsilon_{3})$ , $\gamma=1$
3
. ( , $\epsilon_{4}=\cdots=\epsilon_{n}=1$ .) ,
, .
$\overline{1}$ 2
$X^{(0)}=(3$ 3, $(-1,1, \epsilon_{3}))$ 1, $1)$ (II-2)
$\overline{3}$
2
$X^{(1)}=(3$ 3, $(-1;1,1, \epsilon_{3})$) (V)
2
$X^{(2)}=(3$ 3, $(1; 1, 1, -\epsilon_{3})$) (VI)
3
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$X^{(3)}=(3$ , $(1; 1, 1, -\epsilon_{3}))$
3
, $\chi=\lambda_{D(n)}$ $\lambda_{D(n)}^{\pm}$ ,
2 3




2. $\lambda,$ $n,$ $T,$ $\epsilon$ , 1 . , $\gamma=\overline{1}$ . ,
$\overline{1}$ 2
$X^{(0)}=(3$ 3, $(-1,1, \epsilon_{3})$ , $\overline{1}$, $1$ ) (I)
$\overline{3}$
1 1
$X^{(1)}=(3$ 3, $(-1,1, \epsilon_{3}),$ . $2$ , $2$) (I)
$\overline{3}$
1 1





$I(\lambda_{D(3)}^{\pm})(T, \epsilon, \gamma)=(_{2}^{\overline{1}}$ $\overline{31}$ $(-1,1,1))$






3. $\lambda=(2,2,2),$ $n\geq 3$ ,
1 2




$X^{(0)}=(3$ 3, $(-1,1, \epsilon_{3})$ , $\overline{1}$, $1$ ) (I)
33
$\overline{1}$ 1
$X^{(1)}=(3$ 3, $(-1,1, \epsilon_{3})$ , $\overline{2}$, $2$) (I)
$\overline{3}$ 3
11
$X^{(2)}=(\overline{2}$ 3, $(-1, -1, \epsilon_{3})$ , 3, $3$) (II)
3
$\epsilon_{3}=1$ , (II-2) ,
$\overline{1}$ 1
$X^{(3)}=(\overline{2}$ 3, $(-1;-1, -1,1))$
3
$\overline{1}$ 1








$\epsilon_{3}=-1$ , (II-1) ,
11
$X^{(3)}=(\overline{2}$ $\square$ , $(1; -1, -1,1))$
33
11




$I(\chi)(T,\epsilon, \gamma)=(\overline{2}$ $\overline{3}$ , $(-1, -1,1))$
3
, $SO(2n, C)$ $W=C^{2n}$ .
, $SO(2n, C)$ $\chi$ , $S(\chi)$ . ( 3.1
)
(1) $\chi=\lambda_{D(n)}(l(\lambda)\leq n-2)$ ,
$S(\lambda_{D(n)})=\{\mu_{D(n)} : \mu\triangleright\lambda\}\cup\{\mu_{D(n)} : \mu\triangleleft\lambda\}$
(2) $\chi=\lambda_{D(n)}(l(\lambda)=n-1)$ ,
$S(\lambda_{D(n)})=\{\mu_{D(n)} : \mu\triangleright\lambda, l(\mu)=n-1\}\cup\{\mu_{D(n)} : \mu\triangleleft\lambda\}$
$\cup\{\nu_{D(n)}^{+}, \nu_{\overline{D}(n)} ; \nu=(\lambda_{1}, \ldots, \lambda_{n-1},1)\}$
(3) $\chi=\lambda_{D(n)}^{\pm}(l(\lambda)=n)$ $\lambda_{n}=1$ ,
$S(\lambda_{D(n)}^{\pm})=\{\mu_{D(n)}^{\pm} : \mu\triangleright\lambda\}\cup\{\mu_{D(n)}^{\pm} : \mu\triangleleft\lambda, l(\mu)=n\}\cup\{\nu_{D(n)} : \nu=(\lambda_{1}, \ldots, \lambda_{n-1})\}$
(4) $\chi=\lambda_{D(n)}^{\pm}(l(\lambda)=n)$ $\lambda_{n}\geq 2$ ,
$S(\lambda_{D(n)}^{\pm})=\{\mu_{D(n)}^{\pm} : \mu\triangleright\lambda\}\cup\{\mu_{D(n)}^{\pm} : \mu\triangleleft\lambda\}$ ( )
25
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. $SO(2n, C)$ $\chi$ $k$ , $SO(2n, C)$
$\chi_{i}$
$(\chi_{0}, \chi_{1}, \ldots, \chi_{k})$ $\mathcal{M}^{k}(\chi)$ .
(1) $\chi_{0}=\phi_{D(n)}$ (trivial character).
(2) $\chi_{k}=\chi$ .
(3) $\chi;\in S(\chi_{i-1})(1\leq i\leq k)$ .
$|\lambda|\equiv k(mod 2)$ $|\lambda|\leq k$ , $\mathcal{M}^{k}(\lambda_{D(n)})$ $\mathcal{M}^{k}(\lambda_{D(n)}^{\pm})$ .
$GL(n, C)$ , $I(\chi)$ , $W^{\otimes 2n}$
. $w=\gamma_{1}\gamma_{2}\ldots\gamma_{k}\in\Gamma_{n}^{k}$ , $(P_{1}, Q_{i})\in U_{\chi}^{Tab(\chi)\cross \mathcal{M}^{i}(\chi)}$
. p $(P_{0}, Q_{0})=(\emptyset, \phi_{D(n)})(\emptyset$ Tab$(\emptyset_{D(n)})$ 1
.) . $P_{1-1}\in Tab(\chi_{i-1}),$ $Q_{t-1}=(\chi_{0}, \ldots, \chi_{\mathfrak{i}-1})$ .
$P_{i}=I(\chi_{i-1})(P_{1-1}, \gamma_{i})$
$Q_{i}=(\chi_{0}, \ldots, \chi_{i-1}, \chi_{j})$
( , $Q;\in Tab(\chi;)$ ) . ,
$P(w)=P_{k}$ , $Q(w)=Q_{k}$
.
3.3. , weight .
$\Gamma_{n}^{k}$ $arrow$ $LI_{\chi}$ Tab$(\chi)$ $x$ $\mathcal{M}^{k}(\chi)$
$w$ $(P(w) , Q(w))$
3.4.
$(x_{1}+x_{1}^{-1}+ \cdots+x_{n}+x_{n}^{-1})^{k}=\sum_{\chi}\#\mathcal{M}^{k}(\chi)\cdot\chi$
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